In the present paper we shall consider from two different standpoints the real Riemann integrable functions on a bounded closed interval / contained in En. Our results will be extendable to the complex case by standard arguments.
(1) In §1 we designate the real valued Riemann integrable functions by R(I). If R(I) is normed by ||/|| =supx6j |/(x)| then it is known that R(I) is a Banach algebra. We show that R(I) can be characterized as a B(S, 2) space [l] which consists of all uniform limits of real finite linear combinations of characteristic functions of sets in I having Jordan content. This characterization immediately yields a representation of the dual space of R(I). (2) We consider in §2 a collection of equivalence classes of functions in R(I) : we define RX(I) to be the collection of classes such that /i and/2 are in the same class if and only iifi-fi vanishes everywhere except on a set of Lebesgue measure zero. Proof. We will show that the boundary of S is contained in 7-C and thus has measure zero. Now 5 is open so its boundary is contained in I -S. Let x be in C-S. Then x is in a v such that vi\S=0 because the v in V are pairwise disjoint. Hence x is not in the boundary of S. Thus the lemma is proved.
The next definition is a generalization of one in [l, p. 240]. Proof. Since linear combinations of characteristic functions of g are in R(I) and R(T) is complete it is clear that 73(7, g) ER(I). If a function is in both R(I) and 73(7, g) its norm is clearly the same in both. We will show that if fER(I) then fEB(I, g).
Let fER(I) and consider an arbitrary positive e. We will show that there is an /, G B (I, g) such that |/(x)-/e(x)| <e for all xG7.
Using Vitali's covering theorem [2] we can construct a pairwise disjoint collection TJ of open cubes v in 7 such that: (1) All except a subset of measure zero of the points of continuity of /are covered;
(2) If vEV, and xu x2 G v, then |/(xi) -/(x2)| < e/2. Let C=\J{v: vEv).
Then the following are true: (a) C and I-C are both Jordan sets; (b) Any subset of 7-C is a Jordan set; (c) The set theoretic union of any subcollection of v's in "U is a Jordan set. Since / is continuous a.e., then V covers 7 a.e. We construct a function f,EB(I, g) as follows: The construction will be broken into two parts L*f= f f(x)p(dx).
Thus for each L* in B*(I, g) there is a unique p in ba(I, g) such that (D) holds; for each p in ba(I, g) there is a unique L* such that (D) holds; and the correspondence between L* and p is linear and isometric.
The algebra RK(I). The fact that gC\N the collection of null
Jordan sets is an ideal in g is a well-known obvious observation. Proof. We shall show that these norms differ by no more than an arbitrary positive e. By Theorem 1.5, i?(7)=73(7, g). Hence there is a simple/, G 7^(7)3 |/t(x)-/(x)| <e/2, for all xG7. It is easy to see that each of the following is true: Since there clearly is no loss in assuming that i is simple we also easily see the following: Proof. Lemma 2.2 says that RX(T) and R(I)/B(I, gHN) contain the same elements and it is clear that equality of elements is preserved under addition, multiplication and scalar multiplication. Now Lemma 2.4 says the norms are the same. Hence the desired equality is proved.
The following representation of the dual space of RX(I) is a special case of a result proved in [6] . there is a unique L* such that (D)' holds; and the correspondence between L* and p is linear and isometric.
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